Let A be a weak-* Dirichlet algebra in Lx(m) and let Hx(m) be the weak-* closure of A in Lx(m). It may happen that there are minimal weak-* closed subalgebras of Lx<m) that contain //°°(m) properly. In this paper it is shown that if there is a minimal, proper, weak-* closed superalgebra of H°°(m), then, in fact, that algebra is the unique least element in the lattice of all proper weak-* closed superalgebras of Hx(m).
j fgdm = ij fdmMj gdm\.
The abstract Hardy spaces Hp = Hp(m), 1 < p < oo, associated with A are defined as follows. For 1 < p < oo, Hp is the closure of A in Lp, while Hx is defined to be the weak-* closure of A in L°°. The space Hx is a weak-* closed subalgebra of L°°.
In recent years the structure of the lattice^of proper weak-* closed superalgebras of //°° has attracted considerable attention; see, in particular, [2, 3 and 5] . It is easy to construct examples where =5? has no least element and no minimal elements. However, in Corollary 5 of [5] , we gave a necessary and sufficient condition for ¿Vto have a least element and we characterized it in Corollary 3 of [3] . The question arises: Can .Sfhave minimal elements, but no least element? In this paper we show that the answer is no.
Theorem.
// the lattice j£? of proper weak-* closed superalgebras of Hx has a minimal element, then that element is the least element ofy. both Xe/ and (1 -Xe)/ belong to IB, and so / = XeÍ + (1 ~~ Xe)/ belongs to IB. Thus 70 ç IB and this completes the proof. I am very grateful to the referee who improved the exposition in the first draft of this paper.
